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alternative  tableau





The  quadratic algebra
for the tableaux interpreting

the moments of the
Askey-Wilson polynomials



(2010)

S. Corteel, R. Stanley, D. Stanton, L. Williams (2010)

partition  function Z
as a sum of certain weights of «staircase tableaux»
or  as the moments of the Askey-Wilson polynomials

alternating tableaux with two colors for the blue and for the red cells, 
plus two colors for each edges of the border of the Ferrers diagram

2  n!
n

The number of  alternating tableaux with two colors for the blue and for the 
red cells is 



Planar  automaton













«Figures»
accepted  by  planar automata  ?











The   8-vertex   algebra
(or   Z - algebra)







example:   
rhombus  tilings
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coding of the edges  
for  tilings 

of the triangular lattice

3 type of tiles

border of a tile

inside a tile
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“rewriting  rules”  for  tilings of the triangular lattice

BA = AB + AʼBʼ

BʼAʼ = AB
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Bʼ A = A Bʼ

B Aʼ = Aʼ B

“rewriting  rules”  for  tilings of the triangular lattice



BA = AB + AʼBʼ
BʼAʼ = AB
Bʼ A = A Bʼ
B Aʼ = Aʼ B

same as for  ASM , except  the rewriting rule
Bʼ Aʼ         Aʼ Bʼ    is forbidden

“rewriting  rules”  for  tilings of the triangular lattice











example:
plane

partitions
in a box

(MacMahon
formula)





example:
Aztec  diamond
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Elkies,
Kuperberg,

Larsen,
Propp
(1992)







2



random
Aztec
tilings



the
«artic
circle»

theorem



geometric   interpretation  
of  

Z-tableaux









non-intersecting  paths



example:  binomial  determinant





bijection
plane  partition

non-intersecting  paths

















osculating   paths















FPL
fully  packed  loops
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configurations    B.A.BA

















Z-tableaux
and

B.A.BA  configurations










